This problem is also considered for digraphs that are asymmetric.
INTRODUCTION
The distance d (u,v) between two vertices u and v in a connected graph G is the length of a shortest u-v path. The eccentricity e(v) of a vertex v of G is the distance between v and a vertex furthest from v. The minimum eccentricity among the vertices of G is the radius radG of G, and the maximum eccentricity is the diameter diamG. A vertex whose eccentricity is radG is called a central vertex. The subgraph of G induced by its central vertices is the center C(G) of G. The center of a connected graph has been the subject of much study. In [4] , Winters introduced a subgraph of C(G) which is, in a certain sense, more central than the center itself.
For a central vertex v in a connected graph G with radG < diamG the central distance c(v) is the greatest nonnegative integer n such that whenever d(v, x) < n for a vertex x of G, then x is a central vertex. The maximum central distance among the central vertices of G is the ultraradius uradG of G, and the subgraph of C(G) induced by those central vertices v with c(v) = urad G is the ultracenter UC(G) of G. Chartrand, Novotny and Winters studied the ultracenter further in [1] . Among the results presented is that for every graph G, there exists a connected graph H such that UC(H) = G and C(H) = G, Furthermore, the minimum order of such a graph H is 4 more than the order of G. It is the object of this paper to study the analogous concepts for digraphs.
The ( 
